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· C smooth projective curve of genus 92 .

· SUc12, a) modeli space of semi-stable rank 2
vector bundles For C with defF =A

· Fano variety , dim = 39 -3
,
Pic= 2)=<*)

· SUc(2 ,n = Suc12 ,NOMO) = 2 cases only
F FoM

· deg1 =2g-1 odd

SUc(2 , 1) smooth, birational t IPEXt(n ,C) =1439-3
-

· degn =·2g even barsemodulita symmetedeeSUc(n) is
S

rationality unknown (fer .g>3)
IPExt' (n ,c) =139-SUck,

n) generic fibers plE



Main Theorem
odd degree DP(SUck , nl) has SOD with

blocks DP(Symb2)
2 blocks for < g-1 ,

I block for k =g-1
~

even degree O = Padurarin-Spenho-Vanden Berg
S

NCR of Db(SUc (2,1)
O has SODwith blocks DP (Symbc) ,

b even
S

4 blocks for k < g-1 , 2 blocks for k= g-1 (if g is odd
· gis even => 0

.

13 strongly crepant (in the senseofKuznetsonL

and categorifies [HSUc(2 ,1) ,
()

· Do (Symb)) indecomposable leg-1 (Lin) => SOD is maximal



Tensor rector bundles

·N modeli stack of semi-stable vector bundles
of rante2 , det = 1 /generic inertia group (m)

· IN rigidified stack Itrivial generic mertial
SUcKin)EI if A is odd

,
its coarse moduli ifhiseven

·
.F universal vector bundle on CxN
·E : C

*

xN-Symb2xN quotient by Se (flat !)
JNk_S(HPF.. 5) vector bundle on SymbexNA

↑ - -

of rank zk



Family E*k of vector bundles on N
D

& D.e SymbC = F*k =F/DyYN11

P, + ...
+Pu evaluation vector bundle ona

I· Pipj= Dh = Fpx ......FpkD
I DIn general , Ey is a deformation of Fp......F pr
· Nodd = 3

*h
:=(2***k descends to Symb2xIN

·N even
=>S*k =-ON -h even

· Here M = def Fp and Z is a certain "weight 1" C.
b.

"Weight 2" lexists only when a is odd)



Fourier Mukai functors in the main theorem are

Pa : D (Synbe) + pb)SUc( ,n) - Nodd (D - n evenr*

appropriate powers of t live bundleto quarantee semiorthogonality⑨

The functor is fully-faithful for =9+:
De Symb 2 Pixe ge

Skyscraper sheaf h(p)- evaluation bundle
· nih= Ext (k(d)

,
k(r) = Exti)Eh

DAN Exti(k(p) , h(d)) = ExtilEh )
I



consequences for k=
· Hom (Ep , Ep)= = I simple vector bundle on SUc(2, N)
· Ext' (sp , sp)= = 1 dim infinitesimal deformations
· Ext? /Ep ,Eph=0 => unobstructed deformations

&

· Hom(Ep . Eal=0 p + 9 = Ep not isomorphic to Ea
=> Ep moves with peC

· semiorthogonality =>Hom/t, Eph=

-
of blocks

75
, 0)

ple pt)
E Ep is a stable rector bundle



Two-ray game conjecture 7compatible SODs
Smooth Fanos Db /2) : <A. . . . As
HL L D" (M) =<

. . .As X , .
. . Xr(---T -

exM tremal braid- Y mutation
contractions S S

i Dd(m) = <B . . . .Be Y . ..
· YetN

D" (N) = < B
, . . .D.7

Example BIcIP- IP3S 2

g =2
Mori-Mukai 21/ deg5

&a odd
2-19
BlipiGinQE I
I S

ps
line



Modali Spaces of Stable Pairs (Thaddens
· deg n = 29-1 M = [(F, s) : FeSUcl ,n) 3>

· Famo Variety ,
Pic =22 Se Ho(e,7)1902

39-3 ·
&

*

& cyclotomicM, = Blc-> (p39
- 3

& quantum
standard %....

*

&

· Spectrum .

i Iflips " -, Y
M2

...... In , l . Braid ?ST - S

Mg-2
· 2

V

T
· Sym

Z 4M( -

s

del Bar
·

a * a * quantum
S pt SymC Syn"C Sync pt

Spectrum
BN2 SUc(2 , n)

· SymC
C



-
=

·N
-

·
·



Plain Weave

· Blocks with trivial power ofZ are pulled back from N
- correct number !

· other blocks are mutated into <XDP/M) · RLX=07

3 : M+ Suck
,
n)

(F
, s) + F

"DG blow-up"
u IP(A)M
zero locus of
a section of

a vector bundle ↓
SUc(,n)



Cross Warp DE =E(D ,
F

, s) :Sl =03c SymexM
Theorem DP(M) has an SOD
within each megablock, the blocks are arranged by jth (increasesorder

and , for fixed jete , ley ; /increasing order



Cross-Warp Mutation

S



Farey Twill

i
mutation in DP /M,)

mutation in DP/M2)

mutation in DP/Ms)

mutation in Db (M4)



Variation of Moduli GE >o

·M(6)= [(F , S) :SeHF) , rhF=2 , defF=, s to
29- 1

F live subburdle (CF
, deyh &I

- 6 SCHO)
eg-1
I +63440)

-

· No strictly seristable pairs => m(s)<M open substaclbetween the walls
of the stack of all pain· Carries a universal pair (5,5)

E2 B1y/439-EM , t ...Mp--
· variation of s PL ↓

----

3Mg
Iwcon/
22/p39-3 SUc(z , n)

· For pain (F , s)eMi , StHO(F) has at most izeros.



Windows theorem

PGLrX
XXI PGL X/I-PGL
Il VGIT II

IPWT c Mi- Mi c NW ,
X ↓

& singular/IP""bundle Mi- pp3g-3-2i-bundle
-

V

Symil

BEDG(x) and - (3g-3-2i) < weights(b) < i=
↓ ↓

RP (Mi
, B)=RrPk(X ,R) =RV (Mi

- 1 , B)



Start weaving the twill !

D3(139-3)- W

Beilinton

Orla
- blocks

Mutated line bundles have weights in 10.1
=> more unchanged to Db(M2)



Accurate trajectories of the Farey Trill :

*

Xk
,
c(t) = S
t -k

vt
&

·Moving blocks(DE) <D(Mce))
ot t line bundle tha·

his =00Lk
depends on t , his



Meeting trajectories
&
I

= [2) then (OS")
,
Cohis

t-k t-fe
are perpendicular and don't change

·D then Farey Twill Mutationn


